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Planar nucleation and crystallization in the annealing process
of ion implanted silicon�
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Abstract: According to thermodynamic and kinetic theory, considering the variation of bulk free energy and superficial
energy after nucleation as well as the migration of atoms, we study systematically the planar nucleation and crystal-
lization that relate to two possible transition mechanisms in the annealing process of ion implanted Si: (1) liquid/solid
transition: the critical nucleation work is equal to half the increased superficial energy and inversely proportional to
the supercooling �T . Compared with bulk nucleation, the radius of the critical nucleus decreases by half, and the nu-
cleation rate attains its maximum at T = Tm/2. (2) amorphous/crystalline transition: the atoms contained in the critical
nucleus and situated on its surface, as well as critical nucleation work, are all directly proportional to the height of the
nucleus, and the nucleation barrier is equal to half the superficial energy too. In addition, we take SiGe semiconductor
as a specific example for calculation; a value of 0.03 eV/atom is obtained for the elastic strain energy, and a more
reasonable result can be gotten after taking into account its effect on transition

Finally, we reach the following conclusion as a result of the calculation: for the annealing of ion implanted Si, no
matter what the transition method is—liquid or solid planar nucleation—the recrystallization process is actually carried
out layer by layer on the crystal substrate, and the probability of forming a “rod-like” nucleus is much larger than that
of a “plate-like” nucleus.
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1. Introduction

Ion implantation and annealing technology is an impor-
tant method for semiconductor doping and a vital link in the
technology of large scale integrated circuits (LSI), very large
scale integrated circuits (VLSI) and optical and electrical inte-
grated circuits (OEIC); it also plays an irreplaceable role in the
fields of “impurity engineering” and “energy band engineer-
ing”Œ1�4�.

When an ion with high energy bombards the surface of a
silicon sheet, it displaces the substrate atom out of a regular
lattice position, damages the crystal lattice, and even results in
a heavily-doped amorphous layer. In the meantime, many im-
purity atoms are situated in non-electrical active positions, and
annealing is needed for ion implanted silicon. In this annealing
process, the silicon sheets are heated to a certain temperature
so that the atoms on the surface regain their migrating ability.
This may touch off liquid/solid or amorphous/crystalline tran-
sitions on the superficial damage layer through nucleation and
growth, resulting in the elimination of lattice damage and re-
covery of the regular arrangement of atoms on the surfaceŒ5; 6�.

Bulk nucleation theory concerning the liquid/solid transi-
tion is a rather mature theoryŒ7�, but in the process of annealing
to ion implanted Si, recrystallization is usually performed on
the crystal substrate layer by layer, because it may be taken as
a natural two dimensional nucleus, so bulk nucleation theory

has to be revised to a certain extent. On the other hand, for the
solid amorphous/crystalline transition, no matter whether bulk
or planar nucleation, the theory is still far from mature. In this
work, we try to perfect the theoretical problem concerning the
annealing of ion implanted silicon through introduction of the
concept of planar nucleation. As for solid bulk nucleation, we
have given a special discussion of this in another articleŒ8�.

2. Theoretical calculation and result discussion

2.1. Planar recrystallization from the liquid phase

In general, the pulse length of a laser is shorter than the rear-
rangement time of a solid atom, so pulse laser annealing can be
realized just through recrystallization from the liquid phaseŒ9�;
the mechanism of annealing is that the superficial amorphous
layer melts first, and then recrystallizes epitaxially on the crys-
tal substrate, so the solid substrate under the melting layer be-
come a natural two dimensional nucleus.

Supposing that the nucleus is cylinder-like, with a radius r

and a height h, when a nucleus is formed on the liquid/solid
interface, the variation of total Gibbs free energy in the system
can be written as:

�G D �Gv�r2h C .2�rh C �r2/�; (1)

where �Gv is the difference between the Gibbs free energy
per unit volume for the liquid and solid phases, and � is the
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interfacial energy per unit area. In Eq. (1), the first term on the
right stands for the decrease of bulk free energy, and the second
term stands for the increase of interfacial energy. Because the
base of the nucleus is formed directly on the solid substrate, the
superficial area of the nucleus just includes the area of the side
and the upper face.

It may be proved that the nucleation rate of a “rod-like”
nucleus is much higher than that of a “plate-like” nucleus in
the case of planar nucleation from the liquid phaseŒ8�, that is,
r � 2h, so the area of the upper face can be neglected, and
Equation (1) may be simplified as:

�G D �Gv�r2h C 2�rh�: (2)

Letting d�G
dr

ˇ̌
rc
= 0, we can obtain the radius of the critical

nucleus:

rc D �
�

�Gv
: (3)

Compared with bulk nucleation, the radius of the critical
nucleus is reduced by halfŒ7�, meaning that nucleation becomes
easier as planar nucleation.

Substituting Eq. (3) into Eq. (2), we can get the critical nu-
cleation work:

�Gc D �
��2h

�Gv
D

1

2
.2�rch/�: (4)

We can see from Eq. (4) that the critical nucleation work is
equal to half the increased superficial energy after nucleation,
which tells us that, in the case of planar nucleation, the free
energy difference between the liquid and solid phases can only
compensate half of the superficial energy, while another half
comes from the energy fluctuation in the system itself. This
conclusion is also different from that of bulk nucleationŒ7�.

According to thermodynamic theory, the relationship be-
tween �Gc and supercooling �T isŒ7�:

�Gv D �
Lm�T

Tm
; (5)

where Lm is the transition latent heat per unit volume, and Tm
is the melting point

Substituting Eq. (5) into Eqs. (3) and (4), and letting Tr =
T /Tm, called the reduced temperature, we have:

rc D
�Tm

Lm�T
D

�

Lm.1 � Tr/
; (6)

�Gc D
��2hTm

Lm�T
D

��2h

Lm.1 � Tr/
: (7)

In Eq. (7), we can see that the critical nucleation work of
planar nucleation is inversely proportional to�T , which is dif-
ferent from bulk nucleation where it is inversely proportional
to�T 2 Œ7�. Moreover,�Gc is directly proportional to h, which
means that the higher the nucleus is, the more difficulty with
which it forms.

The expression of nucleation rate for planar nucleation can
be written asŒ8�:

Is D Zsv0n0e�
�Gc
kT e�

�Ga
kT ; (8)

Table 1. Relationship between nucleation rate and height.

h (nm) A0 (cm�2/ Ism (cm�2 �s�1/

0.5 2.5 � 1015 1.25 � 1014

1 5 � 1015 2. 5 � 10�1

where �Ga stands for the energy barrier to be overcome when
an atom diffuses from the liquid to the nucleus, because the
nature of melting semiconductor materials is similar to that of
metals;�Ga is the same order as kTŒ7�. So as an estimation, we
can let e�

�Ga
kT � 1 approximately, and the physical meanings

of other constants and their values for silicon are as follows:
Z is the Zeldowich factor: Z = 0.05 Œ10�. s is the number of

atoms adjacent to the critical nucleus: s = 102Œ10�. v0 is the fre-
quency of atomic vibration: v0 = 1013 s�1Œ9�. n0 is the atomic
numerical density in the original phase: n0 = 5 � 1028 m�3Œ11�.
� = 0.736 J/m3Œ11�. Tm = 1700 KŒ11�.

Substituting Eq. (7) into Eq. (8) and letting dIs
dTr

ˇ̌
Trm

= 0, we
can get that the reduced temperature corresponding to the max-
imum nucleation rate is Trm = 1/2, that is, T = Tm/2; this tem-
perature is just included among the extent fitting for annealing
of ion implanted silicon (Tm=3 < T < 2Tm=3/Œ11�.

Substituting Tr = 1/2 and related constants into Eqs. (6)–(8)
respectively, we have:

rcm D
2�

Lm
D 0:35 nm;

�Gcm D 2
��2h

Lm
D

1

2
.2�rcmh/�;

Ism D 2:5 � 1042he�6:9 � 1010h: (9)

We can calculate the nucleation rate corresponding to a nu-
cleus of different heights, taking h = 0.5 nm and 1 nm as ex-
amples. The results are listed in Table 1.

Here, A0 = n0h is the superficial atomic density
We can see from the data in Table 1 that for a nucleus

whose height is 1 nm, Ism/A0, defined as nucleation probabil-
ity per unit time, approaches zero, but when h = 0.5 nm, this
nucleation probability is up to 5%. Because the atomic radius
of Si is 0.146 nmŒ12�, the mean atomic distance is nearly 0.27
nmŒ12�; moreover, the condition r � 2h has to be considered
for a “rod-like” nucleus, so we start our calculation from a nu-
cleus height h = 0.5 nm, which is actually slightly thicker than
a monoatomic layer. Therefore, this tells us that for the anneal-
ing of a Si sheet through the liquid phase mechanism, its re-
crystallization process is mainly performed layer by layer on
the crystal substrate.

2.2. Planar recrystallization from the solid phase

For conventional furnace annealing, or CW laser and elec-
tron beam annealing, as well as rapid thermal annealing and so
on, because of the rather longer annealing time, the same tem-
perature in the whole Si sheet may be attained, and it is impos-
sible to perform liquid phase recrystallization unless the whole
Si sheet is melted, so its annealing mechanism can merely be
solid phase recrystallization. However, solid phase recrystal-
lization only fits the case where the thickness of the film is less
than 300 nm; when it is thicker than 300 nm, annealing can
be realized just through liquid phase recrystallizationŒ9�. The
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Table 2. Calculation results of a nucleus whose height is 0.5 nm and 1 nm.

h (nm) A0 (cm�2) ic Oic �Gic (eV) Is (cm�2 � s�1/ rc (nm)

0.5 2:5 � 1015 11.4 16.3 1.14 2:5 � 107 0.38
1.0 5 � 1015 22.8 32.6 2.28 5 � 102 0.38

thickness of the ion implanted amorphous layer is usually thin-
ner than 300 nm, so for the annealing of ion implanted Si, solid
phase epitaxy recrystallization is an important way of anneal-
ing.

Supposing that a cylindrical nucleus with a radius r and a
height h is formed on the crystal substrate, it contains i atoms
and Oi of them locate on its surface, the mean distance of the
atom is a, �gv and �ca represent the free energy difference
and the interfacial energy of an atom respectively as the amor-
phous/crystalline transition occurs, when an atomic group is
formed from the amorphous phase, its increment of free energy
is:

�Gi D ��gvi C �caOi; (10)

where i D
�r2h

a3 , or

r D
1

p
�h

a3=2i1=2; (11)

Oi D
2�rh C �r2

a2
: (12)

Similar to liquid phase planar nucleation, we can prove that
in the circumstances of solid phase planar nucleation, the prob-
ability of forming a “rod-like” nucleus is much higher than
the probability of forming a “plate-like” nucleusŒ8�, that is,
r � 2h. So we may neglect the area of the upper face, and
Equation (12) can be simplified as:

Oi D
2�rh

a2
: (13)

Substituting Eqs. (11) and (13) into Eq. (10), we have:

�Gi D ��gvi C 2�ca

r
�h

a
i1=2: (14)

Letting d�Gi
di

ˇ̌
ic
= 0, we can obtain the atom number con-

tained in the critical atomic group.

ic D

�
�ca

�gv

�2
�h

a
: (15)

Substituting ic into Eqs. (11), (13) and (10), we can get a
group of formulae as follows.

rc D
�ca

�gv
; (16)

Oic D 2
�h

a

�ca

�gv
; (17)

�Gic D
�h

a

�2
ca

�gv
D

1

2
Oic�ca: (18)

We can see fromEq. (18) that the nucleation barrier is equal
to half the increasing superficial energy, which is in agreement
with the conclusion of liquid phase nucleation.

We can see through the above calculation that the atom
number contained in the critical nucleus and situated on its sur-
face, as well as the critical nucleation work, are all directly pro-
portional to its height, so the higher the nucleus is, the lower
the number is.

Some constants for silicon are as follows:
�gv D 0:1 eV/atomŒ9; 12�, a = 0.27 nmŒ12�, �ca = 0.14

eV/atomŒ12�.
Substituting these into Eqs. (15)–(18), we can get:
ic = 22.8h, rc = 0.38 nm, Oic = 32.6h, �Gic = 2.28h eV,

where the unit of h is nm.
Similar to liquid phase planar nucleation, the nucleation

rate of solid phase planar nucleation is:

Is D Zsv0n0e�
�Gic

kT e�
�Ga
kT (19)

With the exception of v0 and �Ga, the values of the other
quantities are all identical to those in Eq. (8); because of the
solid phase annealing, the order of �Ga is no longer the same
as kT, and the frequency of atom vibration lowers greatly too,
of course, compared with the liquid phase, atomic migration
will be more difficult.

Take h = 0.5 nm and h = 1 nm as examples, �Ga = 2.35
eVŒ9�, v0 = 2 �104 s�1Œ9�, and assume T = 1300 K. Substitut-
ing them into the above relative formula gives the calculation
results listed in Table 2.

Because a “rod-like” nucleus has to meet the condition of
r � 2h, our calculation starts from h = 0.5 nm. We can see
from the data in Table 2 that the nucleation rate of a 0.5 nm
high nucleus is 5 orders more than that of a 1 nm high nucleus,
from which we see that for solid annealing of ion implanted
silicon, its recrystallization process is also basically performed
layer by layer on the crystal substrate.

2.3. Influence of elastic strain energy

We can see from the calculation data in Table 2 that ic <
Oic ; this result is clearly not reasonable, and it can be revised
by taking the influence of elastic strain energy into account.

In the process of solid transition, because of the different
specific volumes and structures, the emergence of the nucleus
usually causes lattice distortion in the nucleus itself and in the
original phase around it, which results in the emergence of elas-
tic strain energy. The larger the elastic energy is, the higher
the nucleation barrier is, in other words, in the case where the
other conditions are the same, the nucleus with smaller elas-
tic energy will form first, so elastic energy is also an important
factor influencing nucleus formation, because it emerges just
in the solid transition. Therefore, only when we study the pro-
cess of solid phase recrystallization does elastic strain energy
have to be considered.

When the new phase and original phase are coherent or
semicoherent, the expression of the volume density of coherent
elastic strain energy can be written asŒ10�:
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Table 3. Calculation results for two different height critical nuclei after considering elastic strain energy.

h (nm) A0 (cm�2) ic Oic �Gic (eV) Is (cm�2 � s�1/ rc (nm)

0.5 2:5 � 1015 23.16 23.16 1.63 2:5 � 105 0.54
1.0 5 � 1015 46.52 46.52 3.26 5 � 10�2 0.54

Ec D
"˛ı2

1 � v
�.c=a/: (20)

When the new phase and original phase are incoherent, the
coherent strain energy disappears, but owing to different spe-
cific volumes, the volume strain energy still exists.

Nabarro has given the volume elastic strain energy per unit
volumeŒ7�.

Ev D
2

3
��2f .c=a/: (21)

In the above two equations, �.c=a/ and f .c=a/ stand for
a formal factor, whose values are within the extent of 0.75–1
according to different nucleus formsŒ7�, ı and � are the misfit
quantity of the lattice or volume respectively, � stands for the
shear modulus, "˛ stands for the isotropical elastic modulus of
elemental material (Si), and v is the Poisson ratio.

Generally speaking, for a semiconductor in a partly relaxed
state, �2 � ı2, so Ev � Ec, the elastic strain energy per unit
volume E D Ec C Ev � Ec, and the elastic strain energy per
atom "c D

E
n0
.

Taking SiGe semiconductor as an example: "’ = 1011

N/m2Œ11�, � = 39.8 GPaŒ13�, v = 0.274Œ14; 15�, ı = 4.18%Œ14�.
Letting�.c=a/ D 1 and substituting it into Eq. (20), we can

obtain "c D 0:03 eV/atom. Comparing this with the free energy
of transition (0.1 eV/atom), it can no longer be neglected.

The influence of elastic strain energy on solid planar nucle-
ation can be reflected just by changing �gv in Eqs. (15)–(18)
into �gv – "c, and we can get a group of formulae as follows.

ic D

�
�ca

�gv � "c

�2
�h

a
D 46:52h; (22)

rc D
�ca

�gv � "c
a D 0:54 nm; (23)

Oic D 2
�h

a

�ca

�gv � "c
D 46:52h; (24)

�Gic D
�h

a

�2
ca

�gv � "c
D 3:26h: (25)

According to the above formula and Eq. (19), we also do
a calculation for an h = 0.5 and 1 nm nucleus. The results are
listed in Table 3.

Comparing the data in Tables 2 and 3, we can see that after
considering the influence of elastic strain energy, both the criti-
cal nucleus radius and the atom number contained in it increase,
and the nucleation rate decreases, which means that nucleation
is more difficult. This conclusion is in agreement with our pre-
vious experimental results where a relatively longer annealing
time is needed for a Si sheet implanted by GeCŒ15; 16�. More-
over, ic = Oic , telling us that under the circumstances of planar
nucleation, no matter what the height of the nucleus is, all of its

atoms are basically situated on its surface. Because the nucle-
ation rate forming a 0.5 nm high nucleus is 7 orders more than
that forming a 1 nm high nucleus, we can infer that after con-
sidering the influence of elastic strain energy, the conclusion
that the process of solid phase recrystallization is performed
layer by layer on the crystal substrate is also unchanged.

3. Conclusion

In this work, we study in depth the planar nucleation the-
ory in the transition process, including liquid/solid and amor-
phous/crystalline transition relative to the annealing of ion im-
planted Si; the following main conclusions are reached:

(1) Liquid phase planar nucleation: compared with bulk nu-
cleation, the radius of the critical nucleus decreases by half,
the critical nucleation work is inversely proportional to the su-
percooling �T and is equal to half the increasing superficial
energy owing to nucleation, and the reduced temperature cor-
responding to the maximum nucleation rate is Trm = 1/2, that
is, T = Tm /2 .

(2) Solid phase planar nucleation: ic is the atom number
contained in the critical nucleus and Oic is the atom number
located on its surface; as well as the critical nucleation work
being directly proportional to its height, the nucleation barrier
is also equal to half the increasing superficial energy, but ic <
Oic , which is not reasonable.

(3) Influence of elastic strain energy on solid planar nu-
cleation: taking SiGe semiconductor as a specific example, we
have obtained that the value of elastic strain energy is equal
to 0.03 eV/atom when the amorphous/crystalline transition oc-
curs; this is not negligible relative to the free energy of transi-
tion. After considering the influence of elastic stain energy on
solid planar recrystallization, we can obtain a reasonable result
that no matter what the height of the nucleus is, all of its atoms
basically locate on its surface, moreover, nucleation becomes
more difficult, which results in the decreasing of nucleation
rate.

(4) It does not matter whether liquid phase planar nucle-
ation or solid phase planar nucleation occurs, and no matter
whether the influence of elastic strain energy on nucleation is
considered or not, we can reach the same conclusion: for the
annealing of ion implanted silicon, its planar recrystallization
process is performed layer by layer on the crystal substrate.

References
[1] Sawana K, Fukumoto A, Hoshi Y, et al. Strained Si n-channel

metal–oxide–semiconductor field-effect-transistors formed on
very thin SiGe relaxed layer fabricated by ion implantation tech-
nique. Appl Phys Lett, 2007, 90(20): 202101

[2] Ziegler J F. Handbook of ion implantation. New York: North Hol-
land, Elsevier Science Publishers, 1992

[3] Yang Hui, Zhang Enxia, Zhang Zhengxuan. Effects of Si ion im-
plantation on total dose radiation properties of SIMOX SOI ma-

083001-4



J. Semicond. 2010, 31(8) Luo Yimin et al.
terials. Chinese Journal of Semiconductors, 2007, 28(3): 323 (in
Chinese)

[4] Camillo-Castillo R A, Law M E, Jones K S, et al. Kinetics of the
end of range damage dissolution in flash-assisted rapid thermal
processing. Appl Phys Lett, 2006, 82(23): 232104

[5] Ferri M, Solmi S, Nobili D, et al. Damage and recovery in boron
doped silicon on insulator layer after high energy SiC implanta-
tion. J Appl Phys, 2006, 100(3): 033711

[6] Zhang R, Rozgonyi G A, Yakimov E, et al. Impact of thermal an-
nealing on deep-level defect in strained Si/SiGe heterostructure.
J Appl Phys, 2008, 103(10): 103506

[7] Shi Deke. Basis of material science. Beijing: China Machine
Press, 2003

[8] Luo Yimin. Research on annealing of ion implanted silicon and
thermodynamics in the process of annealing. PhD Dissertation,
Central South University, Changsha, 2010 (in Chinese)

[9] Poate J M, Mayer J W. Laser annealing of semiconductor. New
York: Academic Press, Inc, 1982

[10] Feng D. Metallic physics: 2nd volume, transition. Beijing: Sci-
ence Press, 2000

[11] Wang Zhanguo, Chen Liquan, Tu Hailing. China materials engi-
neering canon, Vol.11–information functional materials (volume
1). Beijing: Chemical Industry Press, 2006

[12] Spinella C, Lombardo S, Priolo F. Crystal grain nucleation. J Appl
Phys, 1998, 84(10): 5383

[13] Vjihara T, Sazaki G, Fujiwara K, et al. Physical model for the evo-
lution of solid-liquid interfacial tension in silicon. J Appl Phys,
2001, 90(2): 750

[14] Xu Zhenjia. Surface science aspects of current semiconductor ma-
terials. Beijing: Peking University Press, 2002

[15] Luo Yimin, Chen Zhenhua, Huang Peiyun. Annealing behavior of
Si1–xGex /Si heterostructure formed by GeC implantation. Jour-
nal of Central South University, 2005, 36(4): 560 (in Chinese)

[16] Luo Yimin, Chen Zhenhua, Huang Peiyun. Research on rapid
thermal annealing of high dose GeC implantation into silicon.
Mater Rev, 2004, 18(7): 101 (in Chinese)

083001-5


